HYPERBOLA

The Hyperbola is a conic whose eccentricity is greater than unity. (e > 1).

A. STANDARD EQUATION & DEFINITION(S)

Standard equation of the hyperbola is

2 2

X y y

— - 5 =1, where b = a’(e? - 1) x=_2 A Ko+

a b e e
B X = (ae, b¥a)
(O, b)

_ b2 S' A A S
orate?=a’+b’ie e=1+"3 [t 0)(a0)| c0 0[@0)\ [@0
(0,—b) B' R (ae, —bZ/a)

Conjugate Axis 2
Transverse AXxis

(a) Foci : S = (ag, 0) & S'=(- ae, 0).

a
(b) Equations of directrices : x = o &x =~ o
(c) Vertices: A=(a, 0) & A'=(-a, 0).
(d) Latus rectum :
(i) Equation : x = £ ae

B _ 2b?> _ [ Conjugate Axis 2 B 5 B . ) )
(ii) Length = - = Transverse Axis | = 2a (e< - 1) = 2e (distance from focus to directrix)

(iii) Ends: [ae, ﬁ} {ae, ﬁJ;{—ae, ﬁJ,{—ae, ﬁ}
a a a a

(e) (i) Transverse Axis : The line segment A'A of length 2a in which the foci S’ & S both lie is called
the Transverse Axis of the Hyperbola.
(ii) Conjugate Axis : The line segment B'B between the two points B' = (0, -b) & B = (0, b) is
called as the Conjugate Axis of the Hyperbola.

The Transverse Axis & the Conjugate Axis of the hyperbola are together called the Principal
axes of the hyperbola.

(f) Focal Property : The difference of the focal distances of any point on the hyperbola is constant
and equal to transverse axis i.e. ||PS|-|PS'|| = 2a. The distance SS’ = focal length.

(g) Focal distance : Distance of any point P(x, y) on Hyperbola from foci PS = ex - a & PS' = ex + a.
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Ex.1 Find the equation of the hyperbola whose directrix is 2x + y = 1, focus (1, 2) and eccentricity J3.

Sol. Let P(x, y) be any point on the hyperbola and PM is perpendicular from P on the directrix.

Ex.

Sol.

Ex.

Sol.

Ex.

Then by definition SP = e PM =  (SP)2 = €2 (PM)2 = (x - 1)2 + (y - 2)2 = 3{2”—”_1}2
Y Y Jai1

= 5(x2+y2-2x-4y +5)=3(4x%+y2+ 1+ 4xy - 2y - 4x)
= 7x2-2y2+ 12xy - 2x + 14y - 22 = 0 which is the required hyperbola.

2 The eccentricity of the hyperbola 4x2 - 9y2 - 8x = 32 is

12 2
4x2 - 9y2 —8x =32 = 4(x - 1)2-9y2 = 36 = % - -1
b2 [ 4
Herea?=9,b2=4 .  eccentricity e = 1[1+— = Jl+— = E
a 9 3
52 y2
3 If foci of a hyperbola are foci of the ellipse > + i 1. If the eccentricity of the hyperbola be 2,
then its equation is
4
For ellipse e = 5 so foci = (£ 4, 0)
4
For hyperbolae=2, so a= — = 5= 2, b=2J4-1 = 243
X2 y2
Hence equation of the hyperbola is VL) =1
4 Find the coordinates of foci, the eccentricity and latus-rectum, equations of directrices for the hyper-

bola 9x2 - 16y2 - 72x + 96y - 144 = 0.

(x-4)?%  (y-9)°

Sol. Equation can be rewritten as 22 32 =1soa=4,b=3
5
b2 = a%(e? - 1) given e = 2 Foci : X = + ae, Y = 0 gives the foci as (9, 3), (-1, 3)

. . . a . 16

Centre: X=0,Y=0i.e. (4, 3) Directrices : X = £ o ex- 4 = - 5
. . 2b? 9 9
directrices are 5x - 36 = 0; 5x - 4 = 0 Latus-rectum = e Z'Z =3
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B. CONJUGATE HYPERBOLA
Two hyperbolas such that transverse & conjugate axes of one hyperbola are respectively the conju-
gate & the transverse axes of the other are called Conjugate Hyperbolas of each other. eg.
ﬁ ﬁ _ 52 y2 B _
2 - 02 18& —a—2 + b_2 = 1 are conjugate hyperbolas of each other.
Note:
(i) If e, & e, are the eccentricities of the hyperbola & its conjugate then ;=2 + e,™2 = 1.
(ii) The foci of a hyperbola and its conjugate are concyclic and form the vertices of a square.
(iii) Two hyperbolas are said to be similar if they have the same eccentricity.
Ex.5 The eccentricity of the conjugate hyperbola to the hyperbola x2 - 3y2 = 1 is
2 2
—X
Sol. Equation of the conjugate hyperbola to the hyperbola x2 - 3y2 = 1is -x2 + 3y2 =1 = T+1y/_3 =1
Herea2 =1, b2 =1/3 - eccentricity e = Y1+a?/b% =\1+3 =2
C. RECTANGULAR OR EQUILATERAL HYPERBOLA
The particular kind of hyperbola in which the lengths of the transverse & conjugate axis are equal is
called an Equilateral Hyperbola. Note that the eccentricity of the rectangular hyperbola is V2 and
the length of it's latus rectum is equal to it's transverse or conjugate axis.
D. AUXILIARY CIRCLE y
Q P(acos6, btan6)
A circle drawn with centre C & T.A. as a
diameter is called the Auxiliary Circle of a0\ (© 0l A §
the hyperbola. Equation of A C (@,0) N
the auxiliary circle is x2 + y2 = a2,
Note from the figure that P & Q are called the “Corresponding Points” on the hyperbola & the
auxiliary circle ‘0’ is called the eccentric angle of the point ‘P’ on the hyperbola. (0 <0 < 2 x).
2
Parametric Equation : The equations x = a sec 0 & y = b tan 0 together represents the hyperbola —
a
y2
- b_2 = 1 where 0 is a parameter. The parametric equations ; x = a cos h ¢, y = b sin h ¢ also represents
the same hyperbola.
General Note : Since the fundamental equation to the hyperbola only differs from that to the ellipse in
having -b? instead of b2 it will be found that many propositions for the hyperbola are derived from
those for the ellipse by simply changing the sign of b2.
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E. POSITION OF A POINT ‘P’ w.r.t AHYPERBOLA
X i
The quantity — - b_2 = 1 is positive, zero or negative according as the point (x4, y,) lies outside,
a

upon or within the curve.

F. LINE AND AHYPERBOLA
X2 y2
The straight line y = mx + c is a secant, a tangent or passes outside the hyperbola — - b_2 =1
a
according as : c2 > = < a?m? - b2,
X2 y2 X
Equation of a chord of the hyperbola — - b_2 = 1 joining its two points P(a) & Q(B) is a
a
oa—f _l oa+fB oa+f
cos —— p SIn —— =cos —
X2 y2
Ex.6 Show that the line x cos o + y sin a = p touches the hyperbola Pl 1 if a2 cos? o - b? sin? a = p2.
a

Sol. Thegivenlineisxcosa+ysina=p= ysina=-Xcosa+p =y=-Xcota+ pcoseca

Comparing this line withy = mx + ¢ where m = - cot a, ¢ = p cosec a

Ex.

Sol.

2 2
X

Since the given line touches the hyperbola — - —Zz = 1 then

a

c2=a?m2-b2 = p2cosec?a=a?cot?a-b2 or p2=a?cos?a-b?sin?a

2 y2

7 If (a sec 0, b tand) and (a sec¢, b tan¢) are the ends of a focal chord of x_2 - b_2 = 1, then
a

tan9 tan 9 equal to
2 2 <@

Equation of chord connecting the points (a sec 6, b tan6) and (a sec ¢, b tan ¢) is

oo 15 B (5] -
5 COS > - L Sin T =cos |5 | ()
. 0-¢ 0+9¢
If it passes through (ae, 0); we have, e cos 5 ] =cos |
0+
cos(zd)j 1—tan9.tan$ 1
= e= = 22 . andiand = ¢
cos -9 1+tan9.tan$ 2 2 lre
2 2 2
A e s 0 [0} l+e
Similarly if (i) passes through (-ae, 0), tanE. tanz =1 e
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G.

Ex.8

Sol.

Ex.9

Sol.

X2 2
TANGENT TO THE HYPERBOLA Pl i;—z =1
(a) Point form : Equation of the tangent to the given hyperbola at the point (x4, y;) is X—le—ﬂzl =1.
a b

Note : In general two tangents can be drawn from an external point (x4, y,) to the hyperbola and
theyarey -y; =my (x - x;) &y -y; =m, (x - X,), where m; & m, are roots of the equation
(x42 - a%2) m? - 2x;y; m + y;? + b? = 0. If D < 0, then no tangent can be drawn from (x; y,) to
the hyperbola.

(b) Slope form : The equation of tangents of slope m to the given hyperbolaisy = mx + va’m? -p? .

. a’m T b2
Point of contact are

+ ,
VaZm? —b? +a2m? —b2

Note : There are two parallel tangents having the same slope m.
(c) Parametric form : Equation of the tangent to the given hyperbola at the point

xsece_ytane_1

(asec6, btan o) is >

Note : Point of intersection of the tangents at 6; & 6, is x = aF , Y = btan [—
1 2]

Find the equation of the tangent to the hyperbola x2 - 4y2 = 36 which is perpendicular to the
linex-y+4=0
Let m be the slope of the tangent. Since the tangent is perpendicular to the linex -y =0

mx1l=-1 = m=-1
x2 2 x2 2
Since x2-4y2=360r —— - 2— = 1. Comparing thiswith =~ -2-=1 - a2=36andb%2=9
36 9 2 b2

So the equation of tangents are y = (-1)x £ 36x(-1)2-9 = y=-x % 27 = Xx+y* 3J3 =0

2 2

The locus of the point of intersection of two tangents of the hyperbola L

5 —2=1 if the product of
a b

their slopes is c2, will be

Equation of any tangent of the hyperbola with slope mis y = mx + ya?m? —b?
If it passes through (x4, y;) then (y; - mx;)? = a2m? - b%2 = (x,2 - a2) m? - 2x,y;m + (y,;>2 + b?) =0
yf +b?

- i =c2 =2 i i 24p2 = 2(x2 - 32
If m = m;, m, then as given m;m, = c* = X?_aZ c“. Hence required locus will be y“+b< = c4(x< - a%)

MoTiON
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Ex.10 A common tangent to 9x2 - 16y2 = 144 and x2 + y2 =9 is

2 2
X y  _ 24 y2 =
. o= +ye=
Sol 6 5 1, x y
Equation of tangent y = mx + y/16m? -9 (for hyperbola)
Equation of tangenty = m'x + 3y1+m? (circle)
2
For common tangent m = m’ and 3v1+m? =y16m2-90r9 + 9m2 = 16m2-9or 7m2 = 18 = m=i3\/;
required equation is y=i3\/Z X+3 1+E or y=+3 gxJ_rE
7 V7 7 J7
X2 y2
H. NORMAL TO THE HYPERBOLA —- - b7 =1
a
(a) Point form : The equation of the normal to the given hyperbola at the point P (x4, y;) on it
2 2
a“x b
is == 4+~ _a2_p2=a2e2,
X1 Y1
m(a? +b?)
(b) Slope form : The equation of normal of slope m to the given hyperbolaisy = mx F TS 5
(a“ —m“b“)
a2 _ mb?
foot of normal are | £ T
Y(a? -m?b?)  (a ~m?b?)
(c) Parametric form : The equation of the normal at the point P (a sec 6, b tan 8) to the given
N by 2 2 2 a2
hyperbola is seco T tane =2 + b4 = a“ e“.
2 y2
Ex.11 Line x cos a + y sin a = p is a normal to the hyperbola — - b_2 =1, if
a
Sol. Equation of a normal to the hyperbola is ax cos 6 + by cot 6 = a2 + b?
comparing it with the given line equation
acos®  bcotd  aZ+b? ap bp
= — = = secb=—— > -, tanb= —— -
cosa sina p cosa(a® +b*) sina(a“ +b<)
2.2 2.2 2 122
S b (a“ +b°)
Eliminating 0, we get — ap; 55T 2 55 =1 = a?sec?a-b2cosecta=""5 "~
cos“a(a“” +b“) sin“ a(a“ +b“) P
X2 y?
Ex.12 The normal to the hyperbola — - b_2 = 1 meets the axes in M and N, and lines MP and NP are drawn
a

at right angles to the axes. Prove that the locus of P is hyperbola (a?x? - b2y2) = (a2 + b2)2,
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HYPERBOLA

Sol. Equation of normal at any point Q is ax cos 6 + by cot 6 = a2 + b?
2 12 2 12
Ms(a b sec,e,O}, NE{O,a +b tanej
ﬂl\l //p
Let P = (h, k) 0
! ul
2 12 2 12 A A |C B e
= hza +b sec 6, kza +b tan 0
2,2 2,2
2 h —- Zb k2 5 =sec?0—tan’6=1 locus of P is (a?x2 - b2y?) = (a2 + b?).
(@ +b%) (a“+b°)
1. HIGHLIGHTS ON TANGENT AND NORMAL
2 y2
(@) Locus of the foot of the perpendicular drawn from focus of the hyperbola — - “— = 1 upon any
a
tangent is its auxilliary circle i.e. x2 + y2 = a2 & the product of lengths these perpendiculars is b?
(semi Conjugate Axis)?
(b) The portion of the tangent between the point of contact & the directrix subtends a right angle at
the corresponding focus. Light Ray\i, Tangent
(c) The tangent & normal at any point of a hyper- Q 56
bola bisect the angle between the focal radii. . = | .
This spells the reflection property of the hyper- ~ \ "
bola as “An incoming light ray” aimed towards
one focus is reflected from the outer surface of S >X
the hyperbola towards the other focus. It fol-
lows that if an ellipse and a hyperbola have the
same foci, they cut at right angles at any of
their common point.
2 y2 2 y2
Note that : the ellipse — + ~5 = 1&the hyperbola 5—— - —5—5 =1(a>k>b>0)are
a b a“ -k k“-b
confocal and therefore orthogonal.
(d) The foci of the hyperbola and the points P and Q in which any tangent meets the tangents at the
vertices are concyclic with PQ as diameter of the circle.
J. DIRECTOR CIRCLE
The locus of the intersection of tangents which are at right angles is known as the DIRecTor CIRCLE of
the hyperbola. The equation of the director circle is : x2 + y2 = a2 - b2,
If b2 < a2 this circle is real ; if b2 = a2 the radius of the circle is zero & it reduces to a point circle at the
origin. In this case the centre is the only point from which the tangents at right angles can be drawn
to the curve.
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If b2 > a2, the radius of the circle is imaginary, so that there is no such circle & so no tangents at right
angle can be drawn to the curve.

Note : Equation of chord of contact, chord with a given middle point, pair to tangents from an external
point are to be interpreted in the similar way as in ellipse.

ASYMPTOTES

Definition : If the length of the perpendicular let fall from a point on a hyperbola to a straight line
tends to zero as the point on the hyperbola moves to infinity along the hyperbola, then the straight
line is called the Asymptote of the Hyperbola.
To find the asymptote of the hyperbola:

2 2

X
Let y = mx + cis the asymptote of the hyperbola — - z—z = 1.
a
Solving these two we get the quadratic as (b2 - a2m2) x2 - 2a2 mex - a2(b2 + c2) =0 ........ (1)
In order that y = mx + ¢ be an asymptote, both yA
roots of equation (1) must approach infinity, the X_Y_o
conditions for which are : coeff of x2 = 0 & coeff of a b
x = 0. B (0, b)
b
= b%2-a2m2=0 or m=+_ &
a2mc=0 = c=0. 0 >X
(—a,0))A' ¢ Al(a, 0)
X
equations of asymptote are P % =0
¢ XY o ﬁ | (m
and - - — =0.
a b 1+%:0
X2 y? B a
=

combined equation to the asymptotes — - 5
a

Particular Case:

When b = a the asymptotes of the rectangular hyperbola. x2 - y2 = a2 are y = + x which are at right angles.

Note:

(i) Equilateral hyperbola < rectangular hyperbola.

(ii) If a hyperbola is equilateral then the conjugate hyperbola is also equilateral

(iii) A hyperbola and its conjugate have the same asymptote.

(iv)The equation of the pair of asymptotes differ the hyperbola & the conjugate hyperbola by the
same constant only.

(v) The asymptotes pass through the centre of the hyperbola & the bisectors of the angles between
the asymptotes are the axes of the hyperbola.

(vi)The asymptotes of a hyperbola are the diagonals of the rectangle formed by the lines drawn
through the extremities of each axis parallel to the other axis.

(vii) Asymptotes are the tangent to the hyperbola from the centre.

(viii) A simple method to find the co-ordinates of the centre of the hyperbola expressed as a general
equation of degree 2 should be remembered as : Let f(x, y) = 0 represents a hyperbola.

of of of of
Find — & ——. Then the point of intersection of —— = 0 & —— = 0 gives the centre of the
X oy oX oy
hyperbola.
394 - Rajeev Gandhi Nagar Kota, Ph. No. 0744-2209671, 93141-87482, 93527-21564 M OT? ON:
IVRS No. 0744-2439051, 0744-2439052, 0744-2439053 www.motioniitjee.com, email-info@motioniitjee.com Nurfuring potential through education




Page # 82 HYPERBOLA

Ex.13 Find the asymptotes of the hyperbola 2x2 + 5xy + 2y2 + 4x + 5y = 0. Find also the general equation of

all the hyperbolas having the same set of asymptotes.
Sol. Let 2x2 + 5xy + 2y2 + 4x + 5y + L = 0 be asymptotes. This will represent two straight line

25 25
SO47\.+25—7—8—TX=0 = A=2

= 2x2 + 5xy + 2y2 + 4x + 5y + 2 = 0 are asymptotes
= (2x+y+2)=0and(x+ 2y + 1) = 0 are asymptotes
and 2x2 + 5xy + 2y2 + 4x + 5y + ¢ = 0 is general equation of hyperbola.

Ex.14 Find the hyperbola whose asymptotes are 2x -y = 3 and 3x + y — 7 = 0 and which passes through the
point (1, 1).
Sol. The equation of the hyperbola differs from the equation of the asymptotes by a constant
= The equation of the hyperbola with asymptotes 3 x + y-7=0and 2x -y = 3 is
(3x+y-7)(2x -y - 3) + k= 0. It passes through (1, 1) = k = -6.
Hence the equation of the hyperbolais (2x -y -3) (3x+y-7) = 6.

L. HIGHLIGHTS ON ASYMPTOTES

(a) If from any point on the asymptote a straight line be drawn perpendicular to the transverse axis,
the product of the segments of this line, intercepted between the point & the curve is always

equal to the square of the semi conjugate axis.

(b) Perpendicular from the foci on either asymptote meet it in the same points as the corresponding

directrix & the common points of intersection lie on the auxiliary circle.

2

(c) The tangent at any point P on a hyperbola X—2 - = 1 with centre C, meets the asymptotes in
a

ﬁ
2

Q and R and cuts off a A CQR of constant area equal to ab from the asymptotes & the portion of

the tangent intercepted between the asymptote is bisected at the point of contact. This implies

that the locus of centre of the circle circumscribing the A CQR in case of a rectangular hyperbola

is the hyperbola itself & for a standard hyperbola the locus would be the curve,

4(a2x2 - b2y2) = (a2 + b?)2,

2

2
(d) If the angle between the asymptote of a hyperbola X—2 - y_2 = 1is 2 0 then the eccentricity of the
a

hyperbola is sec 0.
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M.

Ex.

Sol.

Ex.

Sol.

RECTANGULAR HYPERBOLA
Rectangular hyperbola referred to its asymptotes as axis of coordinates. y
(a) Equation is xy = c2 with parametric representation t
x=ct, y=c/t, t e R-{0}.
(b) Equation of a chord joining the points P(t;) & Q(t,) is >X

O
: -1
X+t t,y =c(t; +t,) with slope m = T

X y X
(c) Equation of the tangent at P (x4, y;) is X_l + y—l =2 &atP(t)is r + ty = 2c.

c
(d) Equation of normal is y - 1= t2 (x - ct)

(e) Chord with a given middle point as (h, k) is kx + hy = 2hk.
Note: For the hyperbola xy = c?

(i) Vertices : (c, ¢) & (-c, -c). (ii) Foci: (v2c,v2c) & (=/2c, —2c)

(iii) Directrices : x + y = = 4/2¢ (iv) Latus rectum : / = 22c =T.A=C.A

15 A triangle has its vertices on a rectangular hyperbola. Prove that the orthocentre of the triangle also
lies on the same hyperbola.
Let t;, t, and t3 are the vertices of the triangle ABC, described on the rectangular hyperbola xy = c2.

co-ordinates of A, B and C are [ctl,tg} [ctz,tij and [ct3,t£J respectively
1 2 3

ta —t 1 4
Now slope of BC is 3 2 _ - y
Ct3 —Ct2 t2t3

Slope of AD is t,t3

c
Equation of altitude AD is y - o= tots(x - cty)
1

or t1y -Cc= Xt1t2t3 - Ct%tzts ......... (i)
Similarly equation of altitude BE is

tzy - C= Xt1t2t3 - Ctlt%ts ......... (il)

Solving (i) and (ii), we get the orthocentre [—m,—ct1t2t3] which lies on xy = c2.
1tot3
16 Chords of the circle x2 + y2 = a2 touches the hyperbola x2/a2 - y2/b2 = 1. Prove that locus of their
middle point is the curve (x2 + y2)2 = a2x?2 - b2yZ2,

Let (h, k) be the mid-point of the chord of the circle x2 + y2 = a2,
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. . . 2 2 h h2+k2
so that its equation by T = S, is hx + ky = h< + k< or y=—Fx+ ”

i.e. of the form y = mx + c. It will touch the hyperbola if c2 = a2m? - b2

2
h? +k? 2
[ K J = aZ(—Ej ~b? or (h? + k?)? = ah? - b2k?

Generalizing, the locus of mid-point (h, k) is (x2 + y2)2 = a2x2 - b2y?2

2 2
Ex.17 C is the centre of the hyperbola x_2 - :)/_2 = 1. The tangent at any point P on this hyperbola
a

meets the straight lines bx - ay = 0 and bx + ay = 0 in the points Q and R respectively. Show that
CQ.CR = a? + b2,

Sol. Pis(acos6,btan o)

Xcos® ytano

Tangent at P is b =1.
_oie X oY, : - a b
It meets bx —ay =0 i.e. 2= b in Q s Qis secO_tan0 seco_tano -
D S A : a -b
It meets bx + ay =0 i.e. 2= p N R. s R is secO+1and’ seco+tano

_ J@2+b?)  (a?+b?) o

. = . = +b2 20 — 2 =
CQ.CR secO—-tand secH+tano sectd - tano 1

Ex.18 A circle of variable radius cuts the rectangular hyperbola x2 - y2 = 9a2 in points P, Q, R and S.
Determine the equation of the locus of the centroid of triangle PQR.

Sol. Let the circle be (x - h)2 + (y - k)2 = r2 where r is variable. Its intersection with x2 - y2 = 9a2 is
obtained by putting y2 = x2 - 9a2.

x2 + x2 - 9a2 - 2hx + h? + k2 - r2 = 2k+/(x? —9a?)

or [2x2-2hx + (hZ + k2 - r2 9a2)]2 = 4k?(x2 - 9a2) or 4x* - 8hx3 + ....... =0
Above gives the abscissas of the four points of intersection.

Zx1=7:2h = X1+ Xy + X3+ X4 = 2h.

Similarly y; + y, + y3+y, =2k
Now if (o, B) be the centroid of APQR, then 3o = x; + X, + X3, 3B =y, + Y, + Y3

X4 = 2h - 30, y, = 2k - 3B But (x4, v,4) lieson x2 - y2 =9a? .. (2h - 3u)? + (2k - 3p)? =
9a2

2 2
Hence the locus of centroid (o, B) is (2h - 3x)2 + (2k - 3y)2 = 9a2 or [x—%hj +[y—2?kj =a?
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Ex.

19 If a circle cuts a rectangular hyperbola xy = c? in A, B, C, D and the parameters of these four
points be t;, t,, t; and t, respectively, then prove that
(a) tytotst, = 1
(b) The centre of mean position of the four points bisects the distance between the centres of the
two curves.

Sol. (a) Let the equation of the hyperbola referred to rectangular asymptotes as axes by xy = c2 or its
parametric equation be
x=c,y=c¢c/t ()
and that of the circle be x2 + y2 + 2gx + 2fy + k=0 ... (i)
Solving (i) and (ii), we get
c? c
c?t? + z +2gct + 2f + k=10 or 2t + 2gct3 + kt2 + 2fct+c2 =0 ..eeeee. (iii)
Above equation being of fourth degree in t gives us the four parameters ty, t,, t3, t; of the points
of intersection.
2gc 29 ,
t1+t2+t3+t4——C2 =0 e (iv)
titts + titot, + tat,t +ttt——2—fC——2—f (v)
19243 19244 3tat 3t4t2 < 2 C e
c2
tittsty = - =1.Itproves(¢ (vi)
c
1 1 1 1 2f
Dividing (v) by (vi), weget —+ ——+ —+—=— ... (vii)
tl tz t3 t4 C
(b) The centre of mean position of the four points of intersection is
c c([1 1 1 1 c( 2g\c( 2f . .
—(t+tr +tg+ty)—| —+—+—+—|| = |=|—— |=|——||, by (iv) and (vii) = (-g/2, - f/2
4(1 2 +13 4)4(tl LG t4H L( cj4( CH y (iv) (vii) =(-9g/ 72)
Above is clearly the mid-point of (0, 0) and (- g, - f) i.e. the join of the centres of the two curves.
394 - Rajeev Gandhi Nagar Kota, Ph. No. 0744-2209671, 93141-87482, 93527-21564 M OT? ON
IVRS No. 0744-2439051, 0744-2439052, 0744-2439053 www.motioniitjee.com, email-info@motioniitjee.com Nurturing potential through education




